for a tensor field Q of type (0,2), and x, y, z, u are vector fields of M 2m . Let M be a submanifold of M . The Gauss and Weingarten formulas are given respectively by
for vector fields X, Y tangent to M and ξ normal to M, where ∇ is the Riemannian connection on M, D is the normal connection, σ is the second fundamental form of M and A ξ X is the tangential component of ∇ X ξ. It is well known that g(σ(X, Y ), ξ) = g(A ξ X, Y ). The mean curvature vector H is defined by H = 1 n tr σ. If H = 0, M is called minimal. In particular, if σ = 0, M is said to be totally geodesic. A normal vector field ξ is said to be parallel, if D X ξ = 0 for each vector field X on M.
In the following we suppose that M n is a totally real submanifold of M 2m and m = n. In this case it is not difficult to find
See e.g. [10] . Let R be the curvature tensor of M 2n . Then using (1.1), the Gauss equation can be written as
where t denotes the tangential component. Let ∇ denote the connection of van der Waerden-Bortolotti. Then M is said to be a parallel submanifold of M if ∇σ = 0. More generally M is called a semiparallel submanifold of M , if R(X, Y ).σ = 0, where
R ⊥ being the curvature tensor of the normal connection D. The investigation of semiparallel submanifolds was initiated by J. Deprez [2] . For a semiparallel submanifold by (1.1) and (1.2) we obtain
On the other hand the submanifolds with semiparallel mean curvature vector are defined by R ⊥ (X, Y )H = 0 [3] . Note that the class of submanifolds with semiparallel mean curvature includes the semiparallel submanifolds and the submanifolds with parallel mean curvature vector.
Let S and τ denote the Ricci tensor and the scalar curvature of M, respectively. Then as it is well known for n > 3 M is conformally flat, if and only if the Weil conformal curvature tensor C of M vanishes, where
In section 2 and 3 we prove 
In section 4 we deal with products of Kähler manifolds with vanishing Bochner curvature tensor.
-Proof of Theorem 1
First we prove Proof. Let {e i } i = 1, ..., n be an orthonormal basis of T p M, such that S 1,1 (e i ) = λ i e i for i = 1, ..., n, where S 1,1 is the Ricci tensor of type (1,1). From C = 0 and R(e i , e j )JH = 0 we obtain
If g(e j , JH) = 0 for each j, M n is minimal at p. Let e.g. g(e 1 , JH) = 0. Then (2.1) implies
n is Einstein at p, with τ = 0, so S = 0 at p. If g(e i , JH) = 0 for i = 2, ..., n it follows that (JH) p is proportional to e 1 , thus proving our assertion. Now we can prove Theorem 1. Since H does not vanish at p, then this holds also in a neighborhood of p. Then Theorem 1 follows from our Proposition and a theorem of Kurita, see [4] .
If H has constant lenght, Then M is minimal or H does not vanishes. Hence we have: (c) × I, c = 0. In particular the result is true when H is parallel.
-Proof of Theorem 2
As in Section 2 let {e i } i = 1, ..., n be an orthonormal basis of T p M, such that S 1,1 (e i ) = λ i e i for i = 1, ..., n. Under the assumptions of Theorem 2 we prove some lemmas.
Lemma 1.
Let there exist i = k, such that g(A Je i e i , e k ) = 0. Then λ i = λ j for all j = k and λ k = 0.
Proof. We put in (1.3) X = e j , Y = e k , Z = U = e i for j = i, k and we obtain
Now we put in (1.3) X = e k , Y = Z = U = e i and we find
From (3.1) and (3.3) it follows λ i = λ j . Then (3.1) implies λ k = 0.
Lemma 2.
Let there exists i, such that g(A Je i e i , e i ) = 0. Then λ i = 0 and λ j = λ k for all j, k = i.
Proof. If we have
for any k = 1, ..., n the assertion follows immediately. Let us assume that there exists a k such that
As in Lemma 1 we find (3.2) and hence we have 2A Je i e k + g(A Je i e i , e k )e i − g(A Je i e i , e i )e k = 0 which implies g(A Je k e k , e i ) = 0. Using Lemma 1 we obtain λ i = 0 and λ j = λ k for j, k = i.
Lemma 3. Let M be minimal at p. Then M is totally geodesic at p or there exists k, such that λ k = 0 and λ i = λ j for i, j = k.
Proof.
If there exists i, such that A Je i e i = 0, the assertion follows from Lemmas 1 and 2. So let A Je i e i = 0 for any i = 1, ..., n. Suppose that M is not totally geodesic at p. Then g(A Je i e j , e k ) = 0 for some i = j = k = i. We put in (1.3) X = U = e s , Y = e j , Z = e k for s = j, k and we obtain
)(A Je j e k + g(A Jes e k , e j )e s ) = 0 which implies
Hence it follows λ l = 0 for any l = 1, . . . , n, which proves the Lemma. Now we are in position to prove Theorem 2. If M is not minimal at p, Theorem 2 follows from Theorem 1. Let M be minimal at p. Then the assertion follows from Lemma 3 and [4].
-Submanifolds of Bochner flat Kähler products
Let M 2n be a Kähler manifold with vanishing Bochner curvature tensor and constant scalar curvature. Then M 2n either has constant holomorphic sectional curvature or is locally a product of two Kähler manifolds of constant holomorphic sectional curvature µ and −µ, respectively, µ > 0, [5] . Totally real submanifolds of Kähler manifolds of constant holomorphic sectional curvature have been studied by many authors, see e.g. [1] , [9] , [10] . Now we consider the case of Kähler products with vanishing Bochner curvature tensor. [7] p. 307. If M n is totally geodesic, it is straightforward that it is a product
resp. M 2(n−k) (−µ). Let M n be not totally geodesic. According to Theorem 2 it is locally flat or a product M n−1 1 (c)×I. As it is easily seen, if M n is flat, it follows µ = 0, which is not our case. So M n is locally M n−1 1 (c) × I. Denote by π 1 and π 2 the projections of
, respectively. The induceed differentials will be denoted also by π 1 and π 2 . Let F = π 1 − π 2 . Then we have [6] , [8] (4.1) (µ), see [3] , so c = µ 4 .
